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Abstract: The laser gyroscope of Laser Inertial Navigation System (LINS) eliminates the influence
of the locked zone with mechanical dither. The output information of laser gyroscopes must be
filtered before use to eliminate vibration noise. Laser gyroscope filters are designed according to the
instrument accuracy, calculation capacity, vibration frequency, system dynamic characteristics, and
other indicators. In this paper, a pigeon-inspired optimization (PIO) method is proposed for use in
filter design. The PIO method can flexibly design filters with excellent performance according to
the indicator requirements. In the method, the constraints and indicators of the amplitude, phase
and order of the LINS filter are firstly confirmed according to the application requirements; then, the
objective function is established, and the parameters to be optimized of the PIO are set according to
the order of the filter; finally, the PIO method is used to obtain filter parameters that can satisfy the
constraints and achieve better performance. Referring to the idea of biological evolution mechanisms,
we propose a new improved pigeon-inspired optimization method based on natural selection and
Gaussian mutation (SMPIO), which can obtain more stable results and higher accuracy. In the SMPIO
method, the particle swarm is firstly selected by natural selection, that is, the particles are sorted
according to the fitness function, and some particles with poor fitness are replaced by those with
better fitness; then, all particles are subjected to Gaussian mutation to obtain a better global optimum.
SMPIO method can flexibly design filters according to the comprehensive requirements of laser gyro
performance and navigation control indicators, which cannot be achieved by traditional filter design
methods; the improvement based on natural selection and Gaussian mutation enables SMPIO to have
faster convergence speed, and higher accuracy.

Keywords: inertial navigation; laser gyroscope; filter; improved pigeon-inspired optimization (IPIO)

1. Introduction

For the convenience of introduction, some abbreviations are used according to relevant
standards. The main abbreviations of this article are shown in Table 1.

An inertial navigation system (INS) is a self-contained device consisting of an iner-
tial measurement unit (IMU) and computational unit. The IMU is typically made up of
3 accelerometers and 3 gyroscopes and measures the system’s angular rate and accelera-
tion [1,2]. The computational unit used to determine the attitude, position, and velocity of
the system based on the raw measurements from the IMU given an initial starting position
and attitude. LINS are composed of three laser gyroscopes and three accelerometers.

Laser gyroscopes have the advantages of high precision, a large dynamic range,
good reliability, and fast start-ups. The laser gyroscopes used in laser inertial navigation
system are a navigation-level gyroscopes and are widely used in various fields. Yu [3]
discussed the mechanical dither device of the ring laser gyroscope and its improvement.
Banerjee [4] discussed and researched the dither removal techniques of laser gyroscopes;
Chuang [5] adopted Wavelet packet analysis to filter the output signal of the ring laser
gyroscope; Wu [6] summarized the application of strapdown inertial navigation technology
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in the measurement; Additionally, Kuznetsov [7] introduced the autonomous and precise
navigation of laser gyroscope inertial navigation. Mechanically vibrating laser gyroscopes
were the first laser gyroscopes to be used in practice, and they are also the most widely
used laser gyroscopes at present. They use alternating mechanical vibrations that cause the
gyroscope to be outside of the locked zone, thus reducing lock-in errors [8,9]. The digital
filtering method is used by laser gyroscopes to demodulate their output signals.

Table 1. The main abbreviations of this article.

Acronyms Full Forms

INS inertial navigation system
IMU inertial measurement unit
LINS laser inertial navigation system

IIR filter infinite impulse response filter
FIR filter finite impulse response filter

EA evolutionary algorithm
PIO pigeon-inspired optimization
IPIO improved pigeon-inspired optimization

SMPIO pigeon-inspired optimization with natural
selection and Gaussian mutation

GA genetic algorithm
PSO particle swarm optimization

Scholars have studied the filter method for laser gyroscopes, for example, Mark [10]
developed a high-speed moving average filter (1 k Hz) to reduce the effect of quantization
and dither on gyro test data so as to enable the random walk coefficient of the instrument
to be determined to a high precision in a short space of time; Regimanu [11] developed two
types of multistage digital filters, namely, BBB and BCO filters to reduce the dither signal to
an acceptable level; Yan [12] researched a scheme using an LMS adaptive filtering algorithm
to meet the speed and precision requirements of laser gyro demodulation aerospace fields;
Chen [13] adopted a combined digital filter consisting of an IIR filter and an FIR filter to
remove the dither signal; Fan [14] introduced a novel dither-controlling method without
external feedback; and Regimanu [15] used a modified Stockwell transform (MST) to filter
the dither signal. However, FIR and IIR filters are still widely used in engineering.

According to the network structure or impulse response per unit, digital filters can
be divided into infinite impulse response (IIR) filters and finite impulse response (FIR)
filters. Traditional filter design methods mainly include the window function method, the
frequency sampling method, and the best uniform approximation method. An intelligent
optimization algorithm has been proposed for the design of filters, and good results have
been obtained. The intelligent algorithm used for filter design includes particle swarm
optimization, cat swarm optimization, and artificial bee swarm optimization.

In terms of the PSO algorithm, Dash [16] proposed population-based derivative free
diffusion particle swarm optimization (DPSO) algorithms to estimate the parameters of IIR
system; Eswari [17] used an improved particle swarm optimization (IPSO) to identify an
infinite impulse response (IIR) system based on the concept of error minimization; Liu [18]
designed an IIR filter using an improved adaptive inertia weight particle swarm optimiza-
tion (PSO) algorithm to reduce the computing costs and improve the convergence speed of
the filter weight; Sarangi and Panda [19,20] proposed a crossover cat swarm optimization
algorithm for the identification of unknown IIR system; Karaboga [21] proposed a new
method based on the artificial bee colony (ABC) algorithm for the design of digital IIR filters;
Upadhyay [22] applied a population-based evolutionary algorithm methodology called
the opposition-based harmony search (OHS) algorithm for the optimization of the system
coefficients of adaptive infinite impulse response system identification problems; Dash and
Upadhyay [23,24] proposed an improved firefly algorithm for IIR system optimization; and
Yadav [25] designed an FIR filter using whale optimization.
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The previous article first introduced the laser inertial navigation system and its appli-
cation requirements for filter design. Then, the current research status of laser gyroscope
filter design and the demand for higher-performance filters are introduced. Then, some
research progresses on EA methods and their applications in filter design are presented.
Compared with the more complex filtering methods mentioned in some literature, engi-
neering applications still tend to be simple and practical filters with a small amount of
calculation, and it is necessary to flexibly perform amplitude and phase synthesis indicators
according to control requirements. Compared with the EA method mentioned in some
literature for filter design, a technique with faster convergence speed and better stability
can be found. In this study, we will use a new, improved PIO method to design filters to
achieve better performance according to application requirements.

2. Design Method of LINS Filter Based on SMPIO
2.1. LINS Filter

The mechanically vibrating laser gyroscope is shown in Figure 1. The laser gyro shakes
the yellow glass block back and forth around the central axis through the dither motor
in the center. The dither motor consists of 8 spokes. The power to vibrate is provided
by piezoelectric ceramics bonded to the spokes. Piezoelectric ceramics are driven by
voltage signals to control the dither of the laser gyroscope. The shaking mechanism of the
laser gyroscope is an essential part of its function and accuracy. Scholars have conducted
a lot of research on it, such as Barantsev [26] who analyzed the impact of mechanical
vibration of ring laser gyroscopes on the accuracy of attitude determination in a strapdown
INS. Lee [27] studied the elimination of the lock-in effect of laser gyroscopes by phase
wrapping/unwrapping. Aviev [28] developed a photoelectric system to measure the
dither parameters of the laser gyroscope. The gyroscope operates outside the locked zone
most of the time when the positive and negative alternating vibrations are added to the
mechanically vibrating laser gyroscope. Since the duration of the mechanically vibrating
laser gyroscope inside the locked zone is very short, the error caused by the locked zone is
greatly reduced, even if the input angular rate is small. For mechanically vibrating laser
gyroscopes, its output information includes not only the angular rate information of the
external input, but also the angular rate information of the vibration signal (as shown
in Figure 2). Therefore, the output information must be demodulated to eliminate the
vibration angular rate information. When sinusoidal alternating vibrations are used, the
total output angular rate of the laser gyroscope containing the external input angular rate
information is as follows:

Ωp = Ωr + ΩD sin(2π fDt) (1)

where ΩD is the maximum angular rate of dither; fD is the dither frequency; and Ωr is the
angular rate to be measured.
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The output signal of the laser gyroscope includes the frequency difference ∆Vr caused
by the angular rate Ωr to be measured and the frequency difference ∆Vp caused by the
vibration angular rate ΩD. ∆Vp needs to be eliminated by the filtering and demodulation
method. The effective angular rate input spectrum range of the inertial navigation is
usually 0~100 Hz, while the vibration frequency of mechanically vibrating laser gyroscopes
is generally above 300 Hz [29]. According to the sampling theorem, the output signal of
laser gyroscopes can be collected at a sampling frequency that is more than 2 times higher
than the vibration frequency, and filtered by low-pass digital filtering. In this way, the
vibration noise introduced by the vibration signal and the high-frequency noise caused
by other factors can be eliminated. According to the above situation, the low-pass digital
filtering method is often used to demodulate the output signal of a gyroscope.

The laser inertial navigation system must perform error compensation calculations
of inertial instruments (gyroscopes and accelerometers), filter calculations, dynamic error
calculations, fault diagnosis calculations, and inertial navigation solutions in actual applica-
tion. When the inertial navigation system is combined with the satellite navigation system,
integrated navigation calculations are required. When the inertial navigation system is
combined with the aircraft’s vision system, visual navigation calculations are required. The
computer of the inertial navigation system may need to perform the above calculations
simultaneously, and the calculation speed is necessary to be very fast (the update frequency
of some calculations is usually 2000 Hz or higher), so specific requirements are put forward
for the calculation capacity. IIR filters have high calculation accuracy and can satisfy the cal-
culation requirements with a lower order, which has a smaller number of filter coefficients.
IIR filters are available for laser inertial navigation system with limited calculation capacity.

The form of the m-order low-pass IIR filter used by LINS is as follows:

y(n) = −∑m
k=0 aky(n− k) + ∑m

k=0 bkx(n− k) (2)
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where x(n) is the input sequence; y(n) is the output sequence; ak, bk is the filter coefficient of
the digital filter; m is the filter order, and filters with a smaller m are called lower order filters.

Generally, the low-pass digital filter in the ideal state is used as the reference filter, and
the designed filter is compared with the reference filter to evaluate the performance of the
filter. The performance evaluation indicators of the digital filter are often expressed by the
allowable error difference of the frequency response amplitude. Taking the low-pass digital
filter as an example, the frequency response can be divided into three parts: a pass band, a
transition band, and a stop band. The ideal low-pass filter amplitude curve should satisfy
the following conditions: the amplitude in the pass band should be constant; the amplitude
in the stop band should be 0; and the width of the transition band should be 0, that is:{∣∣Hp

(
ejw)∣∣ = 1, ω ≤ ωp∣∣Hp
(
ejw)∣∣ = 0, ωs ≤ ω ≤ π (3)

where ωs is the cutoff frequency of the stop band; ωp is the cutoff frequency of the pass
band; and the bandwidth of the transition band is (ωs −ωp).

In fact, the above three conditions cannot be absolutely satisfied, and there will be
certain errors, that is: {

1− δp ≤
∣∣Hd

(
ejw)∣∣ ≤ 1 + δp, ω ≤ ωp∣∣Hd

(
ejw)∣∣ ≤ δs, ωs ≤ ω ≤ π (4)

where δp is the allowable error in the pass band; the amplitude is infinitely close to 0 in the
stop band; and the allowable error is δs.

2.2. SMPIO Method

The pigeon-inspired optimization is a new swarm intelligence optimizer inspired by
the hidden mechanism behind the remarkable navigation capacity of homing pigeons [30].
Zhong [31] pointed out that the PIO algorithm has better global optimization ability.
Nath [32] applied the PIO algorithm and proved it could maintain high stability and
accuracy. Some studies demonstrate that IPIO can further improve performance. He [33]
introduced quantum evolution into the PIO algorithm to solve the problem of falling
into the local optimum. Duan [34] incorporated the mutant mechanism to strengthen the
exploration capability of PIO. PIO and its variants have been widely used in various fields,
from combinatorial optimization to multi-objective optimization. Cui [35] adopted an
improved PIO algorithm (ImMAPIO) to solve the multi-objective optimization problem.
Li [36] used PIO to identify INS sensor errors from navigation data. Peng [37] used PIO for
unmanned aerial vehicle (UAV) swarm cooperative control. The map and compass operator
and the landmark operator are the two different operators of the PIO algorithm. Compared
with EA algorithms such as GA and PSO, PIO shows higher optimization accuracy and
faster convergence speed [38,39].

The PIO algorithm model is as follows:

Xi = [xi1, xi2, . . . xiD]
Vi = [vi1, vi2, . . . viD]

VNc
i = VNc−1

i e−R·Nc + rand
(

Xgbest − XNc−1
i

) (5)

XNc
i = XNc−1

i + VNc
i (6)

where Vi = [vi1, vi2, . . . viD] is the velocity, and it is updated according to Equation (5);
Xi = [xi1, xi2, . . . xiD] is the position, and it is updated according to Equation (6); R ∈ (0 ∼ 1)
is the map and compass factor; rand ∈ (0 ∼ 1) is a random number; Xgbest is the global
optimal position obtained by comparing the positions of all the pigeons after Nc−1 iteration
cycles; Nc is the current number of iterations [36].
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The mechanism of biological evolution includes reproduction, mutation, genetic re-
combination, natural selection, and other evolutionary processes. Referring to the idea
of biological evolution mechanisms, we propose an improved pigeon-inspired optimiza-
tion method based on natural selection and Gaussian mutations to further improve the
optimization effect of the algorithm. The specific improvement methods are as follows:

1. Natural selection of the particle swarm:

For the minimum value optimization problem, the ntotal particles of the current gen-
eration are sorted in the order of fitness, from small to large, and the nselect(nselect< ntotal)
particles with the larger fitness are eliminated and replaced by the position and speed of
the nselect particles with the smaller fitness, that is:

XNc
i(sortx(exIndex∼ntotal))

= XNc
i(sortx(1∼nselect))

VNc
i(sortx(exIndex∼ntotal))

= VNc
i(sortx(1∼nselect))

(7)

where sortx is the sequence number of ntotal particles sorted from small to large according
to fitness; sortx(1 ∼ nselect) is the sequence number of current-generation nselect particles;
and sortx( exIndex ∼ ntotal) is the sequence number of next-generation nselect particle.

2. Gaussian mutation of the particle swarm:

After the particles are naturally selected and the speed and position are updated ac-
cording to the PIO method, Gaussian mutation should be applied to the particles to prevent
them from falling into local optimization or to provide them with better optimization
performance, that is:

XNc
i = XNc

i + randn(1, dim) ∗ k (8)

where dim is the dimension of the particle; randn(1, dim) is a random number of Gaussian
distribution and has the same dimension as XNc

i ; and k is the coefficient, which is confirmed
according to the dispersion of the particle’s position when the PIO method is applied.

2.3. Filter Design Method Based on SMPIO

Based on the above analysis, we propose the improved PIO method with natural
selection and Gaussian mutation for the filter design. Considering the general dynamic
characteristic requirements of the medium and low-speed operating environments of
drones, the fitness function mainly takes the amplitude error as the reference standard and
the phase parameter as the verification indicator. Taking the m-order low-pass IIR filter as

an example, the dimension of the particle number is 2m−1, and, with a0 = 1, ∑m
k=0 bk

∑m
k=0 bk

= 1 is
satisfied; the fitness function is:

f itness =
{

∑L
i=1

[
Hd

(
ejωi
)
− HP

(
ejωi
)]2
}1/2
∗max

(∣∣∣Hd

(
ejωi
)
− HP

(
ejωi
)∣∣∣) (9)

where i = 1~L is the selected sampling point; Hd
(
ejwi) is the amplitude of the designed filter

at sampling point i; and HP
(
ejwi) is the amplitude of the ideal filter at sampling point i.

The steps of Filter Design Method Based on SMPIO shown in Figure 3 are as follows:

1. A set of initial values of particle swarm is randomly generated by Monte Carlo method.
The fitness function value of the particle swarm is calculated and compared to find
the globally optimal.

2. The fitness function of the IIR filter, that is Formula (9), is calculated as follows:

• Obtain the coefficient ak, bk of the IIR digital filter according to the particle swarm
position data.

• Calculate the amplitude response Hd
(
ejωi) of each sampling point of the designed

filter according to ak, bk, then compare it with the amplitude response HP
(
ejωi)

of the ideal filter, and then calculate the fitness function according to Formula (9).
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3. Natural selection of the particle swarm: Sort the current generation of particles
according to their fitness, from small to large, and update the speed and position of
nselect particles with the largest fitness according to Formula (7).

4. Update the particle swarm velocity according to Formula (5) and update the particle
swarm position according to Formula (6).

5. Gaussian mutation of the particle swarm: Mutate the position of the particle swarm
according to Formula (8);

6. Calculate the fitness function value of the particle swarm after position update, com-
pare and record the global optimal particle position and fitness value.

7. Determine whether the specified maximum number of iteration steps is reached. If
not, go to step 3, and continue iterative calculation; if so, end the process and save the
calculation results.
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In addition, for some aircraft with large maneuvering, the INS filter not only requires
the amplitude to meet certain indicators, but also requires a small phase to meet the needs
of real-time control of the aircraft. LINS has high requirements for accuracy and real-
time performance when it is used for flight attitude control. The filter design problem
with comprehensive amplitude and phase requirements is a multi-objective optimization
problem. The Chebyshev 1 filter, the Chebyshev 2 filter, and the elliptical filter use the
amplitude as the design indicators and do not consider the design indicators of the phase.
The SMPIO is suitable for the filter design considering the comprehensive indicators of
amplitude and phase. The process is shown in Figure 3 when the SMPIO method is used to
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comprehensively consider the amplitude and phase indicators to design the filter, but the
fitness function is changed to:

f itness =max(
∣∣∣H(ejωi

)∣∣∣)/Htarget + max
(∣∣∣Pd

(
ejωi
)
− PP

(
ejωi
)∣∣∣)/Ptarget (10)

where i = 1~L is the selected sampling point; H
(
ejωi) is the amplitude error between the

designed filter and the ideal filter at sampling point i;
∣∣Pd
(
ejwi)∣∣ is the phase of the designed

filter at sampling point i;
∣∣PP
(
ejwi)∣∣ is the phase of the ideal filter at sampling point i; Htarget

is the weight adjustment parameter of the amplitude; Ptarget is the weight adjustment
parameter of the phase.

The design constraints for the amplitude is:∣∣∣Hd

(
ejωi
)
− HP

(
ejωi
)∣∣∣ ≤ Htarget (11)

In order to satisfy the constraint of Formula (11), the H
(
ejωi) in the fitness function is

defined as follows:{∣∣H(ejωi)∣∣ = ∣∣Hd
(
ejωi)− HP

(
ejωi)∣∣, i f

∣∣Hd
(
ejωi)− HP

(
ejωi)∣∣ ≤ Htarget∣∣H(ejωi)∣∣ = ∣∣Hd

(
ejωi)− HP

(
ejωi)∣∣ ∗ k, i f

∣∣Hd
(
ejωi)− HP

(
ejωi)∣∣ > Htarget

(12)

where k is the penalty factor, which is a large integer.

3. Results
3.1. Filter Design Result of the EA Method

Taking the design of an IIR filter with m = 6, ωs = 300 Hz, and ωp = 400 Hz as an
example, it is needed to design better filter parameters to make the filter indicators δp and
δs smaller. Similar to the flow shown in Figure 2, GA, the PSO, PIO, and SMPIO methods
are used to design the filter. In this paper, various EA methods have been calculated and
compared many times. The parameters are shown in Table 2, and the representative results
are shown in Figure 4.

Table 2. Evolutionary algorithm methods and the parameters.

Methods Parameters

GA particle swarm size: 100, number of generations evolved: 1000,
mating probability: 0.5, mutation probability: 0.2

PSO
particle swarm size: 100, number of generations evolved: 1000,
inertia weight: w = 0.8,
acceleration constants: c1 = 2, c2 = 2

PIO particle swarm size: 100, number of generations evolved: 1000
R = 0.001

SMPIO particle swarm size: 100, number of generations evolved: 1000
R = 0.001, nselect = 50, k = 0.0005

The calculation results and the comparison of Figure 4 show that:

• All 4 kinds of EA methods can be used to design IIR filters;
• The PIO method achieves higher accuracy results and faster convergence than the

other 3 methods;
• The SMPIO method has the fastest convergence speed and can achieve the highest accuracy.



Aerospace 2023, 10, 63 9 of 16

Aerospace 2023, 10, x FOR PEER REVIEW 9 of 17 
 

 

�
�𝐻𝐻(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖)� = �𝐻𝐻𝑑𝑑(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖) − 𝐻𝐻𝑃𝑃(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖)�,            𝑑𝑑𝑓𝑓  �𝐻𝐻𝑑𝑑(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖) − 𝐻𝐻𝑃𝑃(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖)� ≤ 𝐻𝐻𝑔𝑔𝑜𝑜𝑟𝑟𝑔𝑔𝑔𝑔𝑔𝑔
�𝐻𝐻(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖)� = �𝐻𝐻𝑑𝑑(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖) − 𝐻𝐻𝑃𝑃(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖)� ∗ 𝑘𝑘,      𝑑𝑑𝑓𝑓  �𝐻𝐻𝑑𝑑(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖) − 𝐻𝐻𝑃𝑃(𝑒𝑒𝑗𝑗𝑗𝑗𝑖𝑖)� > 𝐻𝐻𝑔𝑔𝑜𝑜𝑟𝑟𝑔𝑔𝑔𝑔𝑔𝑔

 (12) 

where k is the penalty factor, which is a large integer. 

3. Results 
3.1. Filter Design Result of the EA Method 

Taking the design of an IIR filter with m = 6,  𝜔𝜔𝑠𝑠 = 300 Hz, and  𝜔𝜔𝑝𝑝 = 400 Hz as an 
example, it is needed to design better filter parameters to make the filter indicators 𝛿𝛿𝑝𝑝and 
𝛿𝛿𝑠𝑠 smaller. Similar to the flow shown in Figure 2, GA, the PSO, PIO, and SMPIO methods 
are used to design the filter. In this paper, various EA methods have been calculated and 
compared many times. The parameters are shown in Table 2, and the representative re-
sults are shown in Figure 4. 

Table 2. Evolutionary algorithm methods and the parameters. 

Methods Parameters 

GA 
particle swarm size: 100, number of generations evolved: 1000, 
mating probability: 0.5, mutation probability: 0.2 

PSO 
particle swarm size: 100, number of generations evolved: 1000, 
inertia weight: w = 0.8,  
acceleration constants: c1 = 2, c2 = 2 

PIO 
particle swarm size: 100, number of generations evolved: 1000 
R = 0.001 

SMPIO 
particle swarm size: 100, number of generations evolved: 1000 
R = 0.001, 𝑛𝑛𝑠𝑠𝑔𝑔𝑜𝑜𝑔𝑔𝑐𝑐𝑔𝑔 = 50, k = 0.0005 

 

 
Figure 4. Fitness comparison of the GA, PSO, PIO, and SMPIO methods. 

The calculation results and the comparison of Figure 4 show that: 
• All 4 kinds of EA methods can be used to design IIR filters; 
• The PIO method achieves higher accuracy results and faster convergence than the 

other 3 methods; 
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Taking the design of an IIR filter with ωs = 300 Hz, ωp = 400 Hz, δp < 0.01, and
δs < 0.01 as an example, the orders of the Chebyshev 1 filter, the Chebyshev 2 filter, and the
elliptical filter satisfying this condition are 9, 9, and 6, respectively. The elliptical IIR filter
with a lower order is selected, considering the calculation ability. On the basis of an IIR
filter, the SMPIO method is used to further optimize the elliptical IIR filter. Additionally,
taking the design of an IIR filter with m = 6, ωs = 300 Hz, and ωp = 400 Hz as an example,
the amplitude frequency response of the filters are shown in Figure 5. The seven-order
elliptical filter can better satisfy the indicators requirements as compared to the seven-order
Chebyshev 1 filter and the seven-order Chebyshev 2 filter; the elliptical filter optimized by
the SMPIO method obtains a better result. The δp and δs of the optimized filter designed
by SMPIO method are reduced so as to improve the performance. On the other hand,
a lower-order IIR filter can be obtained under the condition of satisfying δp < 0.01 and
δs < 0.01 by using the SMPIO method.
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The amplitude responses of SMPIO optimized filter (amplitude optimized), elliptical
filter, Chebyshev 1 filter, and Chebyshev 2 filter with ωs = 300 Hz, ωp = 400 Hz, and
m = 6 are show in Figures 5–7. Figure 5 shows the amplitude responses of the four
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filters in the 0–1000 Hz range. To display the details of Figure 5 more clearly, we add
Figures 6 and 7, where Figure 6 more clearly shows the amplitude responses of the four
filters in the 0–300 Hz range, and Figure 7 more clearly shows amplitude responses in the
range 400–1000 Hz. It can be seen from Figures 5–7 that the absolute value of the amplitude
response error of the SMPIO optimized filter is the smallest; that is, δp and δs is the smallest,
and the result is the best. The IIR filter parameters are show in Table 3.

Aerospace 2023, 10, x FOR PEER REVIEW 11 of 17 
 

 

 
Figure 6. Amplitude response comparison of various types of filters (0 Hz~300 Hz, m = 6, amplitude 
optimized). 

 
Figure 7. Amplitude response comparison of various types of filters (400 Hz~1000 Hz, m = 6, ampli-
tude optimized). 

Table 3. Various types of IIR filter parameters ( 𝜔𝜔𝑠𝑠 = 300 Hz, 𝜔𝜔𝑝𝑝 = 400 Hz, m = 6, amplitude opti-
mized). 

Filter Types IIR Filter Parameters 

SMPIO optimized 
filter 

a = [1.0000000000, −3.1469411000, 5.1902995000, −5.1231126000, 
3.1948383000, −1.1687601000, 0.1983537300] 
b = [0.0226377066, −0.0004920049, 0.0484860398, 0.0059140339, 
0.0457274571, 0.0012101968, 0.0211943007] 

elliptical filter 

a = [1.0000000000, −3.1409901000, 5.1933596000, −5.1225648000 
3.1976146000, −1.1680883000, 0.1992300800] 
b = [0.0300495577, −0.0078353814, 0.0576256820, −0.0011186365, 
0.0576256820, −0.0078353814, 0.0300495577] 

Figure 6. Amplitude response comparison of various types of filters (0 Hz~300 Hz, m = 6, amplitude optimized).

Aerospace 2023, 10, x FOR PEER REVIEW 11 of 17 
 

 

 
Figure 6. Amplitude response comparison of various types of filters (0 Hz~300 Hz, m = 6, amplitude 
optimized). 

 
Figure 7. Amplitude response comparison of various types of filters (400 Hz~1000 Hz, m = 6, ampli-
tude optimized). 

Table 3. Various types of IIR filter parameters ( 𝜔𝜔𝑠𝑠 = 300 Hz, 𝜔𝜔𝑝𝑝 = 400 Hz, m = 6, amplitude opti-
mized). 

Filter Types IIR Filter Parameters 

SMPIO optimized 
filter 

a = [1.0000000000, −3.1469411000, 5.1902995000, −5.1231126000, 
3.1948383000, −1.1687601000, 0.1983537300] 
b = [0.0226377066, −0.0004920049, 0.0484860398, 0.0059140339, 
0.0457274571, 0.0012101968, 0.0211943007] 

elliptical filter 

a = [1.0000000000, −3.1409901000, 5.1933596000, −5.1225648000 
3.1976146000, −1.1680883000, 0.1992300800] 
b = [0.0300495577, −0.0078353814, 0.0576256820, −0.0011186365, 
0.0576256820, −0.0078353814, 0.0300495577] 

Figure 7. Amplitude response comparison of various types of filters (400 Hz~1000 Hz, m = 6,
amplitude optimized).

LINS can be applied to highly maneuverable carriers such as tactical missiles for
real-time attitude control. In this case, the INS filter not only requires the amplitude to
meet certain indicators, but also requires a small phase. The LINS filter should meet the
following comprehensive requirements: jitter filtering performance (including passband
frequency band, and allowable error) for laser gyro accuracy; less filter order to adapt to
real-time fast calculation requirements; less phase delay for high dynamic control.

Taking the design of an IIR filter as an example, the engineering application require-
ments are:

• condition A, ωs = 300 Hz, ωp = 400 Hz, δp < 0.02, and δs < 0.02;
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• condition B, the order does not exceed 6;
• condition C, the phase of 0 Hz~100 Hz does not exceed −40 degree.

Table 3. Various types of IIR filter parameters (ωs = 300 Hz, ωp = 400 Hz, m = 6, amplitude optimized).

Filter Types IIR Filter Parameters

SMPIO optimized filter

a = [1.0000000000, −3.1469411000, 5.1902995000, −5.1231126000,
3.1948383000, −1.1687601000, 0.1983537300]
b = [0.0226377066, −0.0004920049, 0.0484860398, 0.0059140339,
0.0457274571, 0.0012101968, 0.0211943007]

elliptical filter

a = [1.0000000000, −3.1409901000, 5.1933596000, −5.1225648000
3.1976146000, −1.1680883000, 0.1992300800]
b = [0.0300495577, −0.0078353814, 0.0576256820, −0.0011186365,
0.0576256820, −0.0078353814, 0.0300495577]

Chebyshev 1 filter

a = [1.0000000000, −3.6736367000, 6.5299764000, −6.8973626000,
4.5129637000, −1.7260817000, 0.3022655200]
b = [0.0007519472, 0.0045116830, 0.0112792081, 0.0150389434,
0.0112792081, 0.0045116830, 0.0007519472]

Chebyshev 2 filter

a = [1.0000000000, −1.2474697000, 1.5353083000, −0.7027603300,
0.3605929200, −0.0372448440, 0.0134976460]
b = [0.0874795614, 0.0917752434, 0.1919701708, 0.1794740408,
0.1919701708, 0.0917752434, 0.0874795614]

Design the IIR filter with only condition A as an index: the orders of the Chebyshev 1 filter,
the Chebyshev 2 filter, and the elliptical filter satisfying this condition are 8, 8, and 5, respectively;
the max phases of 0~100 Hz of the Chebyshev 1 filter, the Chebyshev 2 filter, and the elliptical
filter satisfying this condition are−40.3 degree,−40.3 degree, and−46.2 degree, respectively,
which is shown in Figure 8. The Chebyshev 1 filter, the Chebyshev 2 filter, and the elliptical filter
cannot satisfy condition A, condition B, and condition C at the same time. The Chebyshev 1 filter,
and the Chebyshev 2 filter can satisfy condition A and condition C basically, but cannot satisfy
condition B. The elliptical filter can satisfy condition A and condition B basically, but cannot
satisfy condition C.
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Taking the design of an IIR filter with m = 6, the SMPIO method is used to get
a optimized filter according to the flow chart of Figure 3 with the fitness function of
Formula (10), and the design constraints of Formulas (11)–(12). The amplitude responses of
SMPIO optimized filter (amplitude and phase optimized), elliptical filter, Chebyshev 1 filter,
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and Chebyshev 2 filter with ωs = 300 Hz, ωp = 400 Hz, and m = 6 are show Figures 9–11,
and the phase responses with 0 Hz~100 Hz are show in Figure 12. Figure 9 shows the
amplitude responses of the four filters in the 0–1000 Hz range. To display the details of
Figure 9 more clearly, we add Figures 10 and 11, where Figure 10 more clearly shows the
amplitude responses of the four filters in the 0–300 Hz range, and Figure 11 more clearly
shows amplitude responses in the range 400–1000 Hz. The SMPIO optimized filter can
satisfy condition A, condition B, and condition C at the same time. The Chebyshev 1 filter
cannot satisfy condition A and condition B. The Chebyshev 2 has a smaller phase, but
cannot satisfy condition A. The elliptical filter can satisfy condition A and condition B, but
cannot satisfy condition C. For engineering applications that need to meet the requirements
of conditions A, B, and C, only the SMPIO optimized filter can meet the requirements of the
comprehensive design of the amplitude and phase simultaneously; the SMPIO optimized
filter has the best performance. The IIR filter parameters are show in Table 4.
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Table 4. Various types of IIR filter parameters (ωs = 300 Hz, ωp = 400 Hz, m = 6, amplitude and
phase optimized).

Filter Types IIR Filter Parameters

SMPIO optimized filter

a = [1.0000000000, −3.1464571000, 5.1854756000, −5.1254502000,
3.2072909000, −1.1781249000, 0.2027716000]
b = [0.0636898053, −0.0376032393, 0.0900215835, −0.0220216831,
0.0467710785, −0.0120861956, 0.0167345507]

3.2. Effect of LINS Filter

The IIR-type low-pass filter is selected for filtering by a laser inertial navigation system
after considering the instrument accuracy, calculation capacity, vibration frequency, and
system dynamic characteristics. The SMPIO method described above can be used for LINS
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filter optimization. The data in Figure 2 are filtered by the optimized IIR filter, which was
designed using the SMPIO method. The laser gyroscope data obtained after filtering and
considering the frequency characteristics are shown in Figure 13.
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4. Discussion

The PIO method proposed in this paper for the design of filters for laser inertial
navigation system can flexibly set the filter indicators. Here, an optimal filter design for laser
inertial navigation system is achieved under the comprehensive consideration of instrument
accuracy, calculation capacity, vibration frequency, system dynamic characteristics, and
other indicators, and it can be used for laser gyroscope filtering, which has great engineering
significance. Compared with the results of the GA, PSO, PIO, and other evolutionary
algorithms, the PIO algorithm has higher accuracy and convergence speed. We propose an
improved pigeon-inspired optimization method based on natural selection and Gaussian
mutation. The calculation results show that the SMPIO method has higher accuracy
and stability. SMPIO method can flexibly design filters according to the comprehensive
requirements of laser gyro performance and navigation control indicators, which cannot be
achieved by traditional filter design methods.

The scope discussed in this paper is limited to the problem of the dither wave filter
of low precision laser gyro, so the design indicators of the amplitude are low standard,
and the IIR filter has a lower order (δp < 0.02, δs < 0.02, and m = 6). For high-precision
laser gyro, the requirements for amplitude design indicators will increase, and the order of
the IIR filter will increase accordingly (such as δp < 0.001, δs < 0.001, and m = 10). With
the increase of the filter order, the parameters to be optimized of SMPIO increase, and the
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optimization of the filter becomes more difficult. Considering the application requirements
of real-time fast calculation, this paper focuses on IIR filters. In the future, we will continue
to verify the optimization effect of the SMPIO method for FIR filters.

Author Contributions: Conceptualization, Methodology, Investigation, Software, Writing—original
draft: Z.L.; Writing—review and editing, Funding acquisition, Project administration: L.Z.; Data cura-
tion, Resources: K.W.; All authors have read and agreed to the published version of the manuscript.

Funding: This research received no external funding.

Data Availability Statement: The data presented in this study are available on request from the
corresponding author.

Conflicts of Interest: The authors declare no conflicst of interest.

References
1. Al-Radaideh, A.; Al-Jarrah, M.; Jhemi, A. UAV testbed building and development for research purposes at the american

universityof sharjah. In Proceedings of the ISMA’10 7th International Symposium on Mechatronics and Its Applications, Sharjah,
United Arab Emirates, 20–22 April 2010.

2. Al-Radaideh, A. Guidance, Control and Trajectory Tracking of Small Fixed Wing Unmanned Aerial Vehicles (UAV’s). Master’s
Thesis, American University of Sharjah, Sharjah, United Arab Emirates, 2009.

3. Yu, X.; Long, X. Parametric design of mechanical dither with bimorph piezoelectric actuator for ring laser gyroscope. Int. J. Appl.
Electromagn. Mech. 2015, 47, 305–312. [CrossRef]

4. Banerjee, K.; Dam, B.; Majumdar, K.; Banerjee, R.; Patranabis, D. An improved dither-stripping scheme for strapdown ring laser
gyroscopes. In Proceedings of the 2004 IEEE Region 10 Conference TENCON 2004, Chiang Mai, Thailand, 24–24 November 2004.

5. Chuang, G.; Jian, W.; Rong, F. Application of the Wavelet Packet Analysis in the RLG Strapdown INS. In Proceedings of the 2006
IEEE International Conference on Information Acquisition, Veihai, China, 20–23 August 2006.

6. Wu, F.; Cao, Z.; Yang, M. Application of Strapdown Inertial Navigation Technology in Measurement. Int. J. Comput. Appl. 2016,
133, 19–22. [CrossRef]

7. Kuznetsov, A.G.; Molchanov, A.V.; Chirkin, M.V.; Izmailov, E.A. Precision laser gyro inertial navigation for autonomous.
Kvantovaya Elektron. 2015, 45, 78–88. [CrossRef]

8. Fan, Z.; Luo, H.; Hu, S.; Xiao, G. Research on lock-in correction for mechanical dithered ring laser gyro. Opt. Eng. 2016, 50, 034403.
[CrossRef]

9. Li, G.; Wu, W.; Zhenfang, F.A.; Guangfeng, L.U.; Hu, S.; Luo, H.; Long, X. Research of misalignment between dithered ring laser
gyro angle rate input axis and dither axis. Fiber Opt. Sens. 2014, 9297, 428–433.

10. Mark, J.; Brown, A.; Matthews, T. Quantization reduction for evaluating laser gyro performance using a moving average filter. In
Proceedings of the IEEE International Conference on Acoustics, Speech, and Signal Processing (ICASSP’84), San Diego, CA, USA,
19–21 March 1984.

11. Regimanu, B.; Das, K.C.; Rao, K.S. Development of multistage digital filters for dither signal removal in ring laser gyro. Frequenz
2019, 73, 123–130. [CrossRef]

12. Yan, X.J.; Li, J.M.; Li, Z.M.; Yang, Y.J.; Zhai, C.R. Design of Adaptive Filter for Laser Gyro. TELKOMNIKA Indones. J. Electr. Eng.
2014, 12, 7816–7823. [CrossRef]

13. Chen, A.; Li, J.; Chu, Z. Dither signal removal of ring laser gyro POS based on combined digital filter. In Proceedings of the 2012
8th IEEE International Symposium on Instrumentation and Control Technology (ISICT), London, UK, 11–13 July 2012.

14. Fan, Z.; Luo, H.; Lu, G.; Hu, S. Direct dither control without external feedback for ring laser gyro. Opt. Laser Technol. 2012, 44, 767–770.
[CrossRef]

15. Regimanu, B.; Das, K.C.; Rao, K.S.; Rao, N.K. Dither signal filtering in ring laser gyroscope using modified Stockwell transform.
IEEE Sens. Lett. 2018, 2, 7001104. [CrossRef]

16. Dash, M.; Panigrahi, T.; Sharma, R. Distributed parameter estimation of IIR system using diffusion particle swarm optimization
algorithm. J. King Saud Univ.-Eng. Sci. 2019, 31, 345–354. [CrossRef]

17. Eswari, P.; Ramalakshmanna, Y.; Prasad, D. An Improved Particle Swarm Optimization-Based System Identification. In
Proceedings of the Machine Learning, Deep Learning and Computational Intelligence for Wireless Communication, Online,
29 May 2021; Springer: Singapore, 2021.

18. Liu, J.; Yu, X.; Li, H. Adaptive inverse control of discrete system using online PSO-IIR filters. J. Comput. Inf. Syst. 2010, 6,
3173–3181.

19. Sarangi, A.; Kumar Sarangi, S.; Panigrahi, S.P. An approach to identification of unknown IIR systems using crossover cat swarm
optimization. Perspect. Sci. 2016, 8, 301–303. [CrossRef]

20. Panda, G.; Pradhan, P.M.; Majhi, B. IIR system identification using cat swarm optimization. Expert Syst. Appl. 2011, 38,
12671–12683. [CrossRef]

http://doi.org/10.3233/JAE-140008
http://doi.org/10.5120/ijca2016908113
http://doi.org/10.1070/QE2015v045n01ABEH015420
http://doi.org/10.1117/1.3554393
http://doi.org/10.1515/freq-2018-0195
http://doi.org/10.11591/telkomnika.v12i11.4907
http://doi.org/10.1016/j.optlastec.2011.11.032
http://doi.org/10.1109/LSENS.2018.2865426
http://doi.org/10.1016/j.jksues.2017.11.002
http://doi.org/10.1016/j.pisc.2016.04.059
http://doi.org/10.1016/j.eswa.2011.04.054


Aerospace 2023, 10, 63 16 of 16

21. Karaboga, N. A new design method based on artificial bee colony algorithm for digital IIR filters. J. Frankl. Inst. 2009, 346, 328–348.
[CrossRef]

22. Upadhyay, P.; Kar, R.; Mandal, D.; Ghoshal, S.P.; Mukherjee, V. A novel design method for optimal IIR system identification using
opposition based harmony search algorithm. J. Frankl. Inst. 2014, 351, 2454–2488. [CrossRef]

23. Dash, J.; Dam, B.; Swain, R. Improved firefly algorithm based optimal design of special signal blocking IIR filters. Measurement
2020, 149, 106986. [CrossRef]

24. Upadhyay, P.; Kar, R.; Mandal, D.; Ghoshal, S.P. A new design method based on firefly algorithm for IIR system identification
problem. J. King Saud Univ.-Eng. Sci. 2016, 28, 174–198. [CrossRef]

25. Yadav, S.; Kumar, M.; Yadav, R.; Kumar, A. A Novel method to Design FIR Digital Filter Using Whale Optimization. In Proceedings
of the 2021 IEEE Bombay Section Signature Conference (IBSSC), Gwalior, India, 18–20 November 2021.

26. Barantsev, G.O.; Kozlov, A.V.; Shaimardanov, I.K.; Nekrasov, A.V. Elastic Dynamic Torsion of a Ring Laser Gyroscope Mechanical
Dither and its Effect on the Accuracy of Attitude Determination. In Proceedings of the 2021 28th Saint Petersburg International
Conference on Integrated Navigation Systems (ICINS), Saint Petersburg, Russia, 31 May–2 June 2021.

27. Lee, J.C.; Cho, H.J.; Yang, H.S. Zero lock-in implementation by phase wrapping/unwrapping in a ring laser gyroscope. Appl. Opt.
2021, 60, 10529–10538. [CrossRef]

28. Aviev, A.A. Simulation of the Dither Parameters Measuring Provided by the Optoelectronic System for a Laser Gyro under
the Influence of Real Disturbances. In Proceedings of the 2021 28th Saint Petersburg International Conference on Integrated
Navigation Systems (ICINS), Saint Petersburg, Russia, 31 May–2 June 2021.

29. Li, J.; Fang, J.; Ge, S.S. Kinetics and design of a mechanically dithered ring laser gyroscope position and orientation system. IEEE
Trans. Instrum. Meas. 2012, 62, 210–220. [CrossRef]

30. Duan, H.B.; Qiao, P. Pigeon-inspired optimization: A newswarm intelligence optimizer for air robot path planning. Int. J. Int.
Comp. Cyber. 2014, 7, 24–37. [CrossRef]

31. Zhong, Y.; Zhang, Y.; Liao, K.; Zhang, Z. A hybrid pigeon inspired optimization algorithm based on Nelder-Mead simplex
operations. In Proceedings of the 2020 39th Chinese Control Conference (CCC), Shenyang, China, 27–29 July 2020.

32. Nath, S.; Bandyopadhyay, R.; Biswas, S.; Sing, J.K.; Sarkar, S.K. A new global routing optimization algorithm based on pigeon
inspired optimization. In Proceedings of the 2020 IEEE Calcutta Conference (CALCON), Kolkata, India, 28–29 February 2020.

33. He, J.; Liu, Y.; Li, S.; Tang, Y. Improved Pigeon-Inspired Optimization Algorithm and Its Application to Minimum-Fuel Ascent
Trajectory Optimization. In Proceedings of the 2020 IEEE 16th International Conference on Control & Automation (ICCA),
Singapore, 30 November 2020.

34. Duan, H.; Huo, M.; Shi, Y. Limit-cycle-based mutant multiobjective pigeon-inspired optimization. IEEE Trans. Evol. Comput. 2020,
24, 948–959. [CrossRef]

35. Cui, Z.; Zhao, L.; Zeng, Y.; Ren, Y.; Zhang, W.; Gao, X.Z. Novel PIO Algorithm with Multiple Selection Strategies for Many-
Objective Optimization Problems. Complex Syst. Model. Simul. 2021, 1, 291–307. [CrossRef]

36. Li, Z.H.; Deng, Y.M.; Liu, W.X. Identification of INS Sensor Errors from Navigation Data Based on Improved Pigeon-Inspired
Optimization. Drones 2022, 6, 287. [CrossRef]

37. Peng, Y.; Duan, H.B.; Deng, Y.M. Reversed Pigeon-Inspired Optimization Algorithm for Unmanned Aerial Vehicle Swarm
Cooperative Autonomous Formation Reconfiguration. In Proceedings of the 2022 IEEE 17th International Conference on Control
& Automation (ICCA), Naples, Italy, 27–30 June 2022.

38. Herdianti, W.; Gunawan, A.A.; Komsiyah, S. Distribution cost optimization using pigeon inspired optimization method with
reverse learning mechanism. Procedia Comput. Sci. 2021, 179, 920–929. [CrossRef]

39. Duan, H.B.; Qiu, H.X. Advancements in pigeon-inspired optimization and its variants. Sci. China Inf. Sci. 2019, 62, 70201.
[CrossRef]

Disclaimer/Publisher’s Note: The statements, opinions and data contained in all publications are solely those of the individual
author(s) and contributor(s) and not of MDPI and/or the editor(s). MDPI and/or the editor(s) disclaim responsibility for any injury to
people or property resulting from any ideas, methods, instructions or products referred to in the content.

http://doi.org/10.1016/j.jfranklin.2008.11.003
http://doi.org/10.1016/j.jfranklin.2014.01.001
http://doi.org/10.1016/j.measurement.2019.106986
http://doi.org/10.1016/j.jksues.2014.03.001
http://doi.org/10.1364/AO.438461
http://doi.org/10.1109/TIM.2012.2212596
http://doi.org/10.1108/IJICC-02-2014-0005
http://doi.org/10.1109/TEVC.2020.2983311
http://doi.org/10.23919/CSMS.2021.0023
http://doi.org/10.3390/drones6100287
http://doi.org/10.1016/j.procs.2021.01.081
http://doi.org/10.1007/s11432-018-9752-9

	Introduction 
	Design Method of LINS Filter Based on SMPIO 
	LINS Filter 
	SMPIO Method 
	Filter Design Method Based on SMPIO 

	Results 
	Filter Design Result of the EA Method 
	Effect of LINS Filter 

	Discussion 
	References

